The octopus arm has attracted many researchers' interests and became a research hot spot because of its amazing features. Several dynamic models inspired by an octopus arm are presented to realize the structure with a large number of degrees of freedom. The octopus arm is made of a soft material introducing high-dimensionality, nonlinearity, and elasticity, which makes the octopus arm difficult to control. In this paper, three coupled central pattern generators (CPGs) are built and a 2-dimensional dynamic model of the octopus arm is presented to explore possible strategies of the octopus movement control. And the CPGs' signals treated as activation are added on the ventral, dorsal, and transversal sides, respectively. The effects of the octopus arm are discussed when the parameters of the CPGs are changed. Simulations show that the octopus arm movements are mainly determined by the shapes of three CPGs' phase diagrams. Therefore, some locomotion modes are supposed to be embedded in the neuromuscular system of the octopus arm. And the octopus arm movements can be achieved by modulating the parameters of the CPGs. The results are beneficial for researchers to understand the octopus movement further.
Introduction
Animals exploit soft structures to move effectively in complex natural environments and the typical one is octopus [1] . Octopus whose body and arms totally lack hard elements is unique marine invertebrate. And its advanced motor skills and intelligent behavior have attracted interest from both biologists and roboticists [2, 3] . Octopus arms have peculiar features such as the ability to bend in all directions, to achieve significant elongation, and to vary and control their stiffness [4] .
Inspired by an octopus arm, the concept of continuum arms for use in robotic systems has been proposed and studied. Continuum arms have a large number of actuated degrees of freedom (DOF) and are therefore well suited for operations in highly constrained environments [5] . There have been several attempts to dynamically model continuum arms. Some dynamic models [5] [6] [7] [8] inspired by the octopus arms are presented to explore possible strategies of movement control in the muscular hydrostat. However, it is difficult to control octopus arms with conventional techniques because of their high-dimensional body structures and their diverse body dynamics [9] . It is well known that the nervous system of the octopus is highly distributed throughout the entire body. The octopus has a relatively small central brain which controls the large peripheral nervous system of the arms. A typical example showing the effectiveness of this distribution of the nervous system is the reaching behavior [10] [11] [12] [13] . Sumbre et al. [13] showed that the arm extensions can be evoked in arms whose connection with the brain has been severed. Because the evoked motions in denervated octopus arms were identical to natural bend propagations, an underlying motor program appears to be embedded in the neuromuscular system of the arm, which does not require continuous central control. And the researchers suggested that the major part of the voluntary movement is controlled by a pattern generator that is confined to the arm's neuromuscular system.
The central pattern generator (CPG) is neural circuit found in both invertebrate and vertebrate animals that can produce rhythmic patterns of neural activity without receiving rhythmic inputs [14] [15] [16] . The famous one is the Matsuoka model [17, 18] . The CPG presents several interesting properties including distributed control, the ability to deal with redundancies, fast control loops, and allowing modulation of locomotion by simple control signals. In this paper, a model which includes three coupled central pattern generators (CPGs) is established and a 2-dimensional dynamic model [10, 19] of the octopus arm is used to explore possible strategies of movement control. And the CPG signals treated as activation are added on the ventral, dorsal, and transversal sides, respectively. The effects of the octopus arm are discussed using simulation method [20] when the parameters of the CPG are changed. This paper is organized as follows. In Section 2, the 2-dimensional dynamic model and the CPG model are presented. Simulation is shown in Section 3. The conclusions and future works are made in Section 4.
The Octopus Arm Model and the CPG Model

Structure of the Octopus Model.
In this paper, the octopus arm model is a 2-dimensional dynamic model of a soft robotic arm [10, 19] , utilizing only masses and springs for its dynamic characteristics. The arm is divided into ( − 1) rectangular segments and each one is defined by four vertices. For simplicity, the muscles are deprived of their mass and the entire arm's mass content is concentrated in point masses. The point masses are located in the four vertices of each segment, giving a total of 2 masses. The idealized massless springs function as muscles and connect all the adjacent point mass pairs of the model. The 2 masses are arranged in pairs, each consisting of one ventral and one dorsal mass. ( − 1) ventral and ( − 1) dorsal longitudinal muscles connect the ventral and dorsal masses, respectively. In addition, a transverse muscle connects each ventral-dorsal pair. In this paper, there are 10 segments in this model. Figure 1 shows the general structure of the modeled arm.
As a model of a muscular hydrostat, this model relies on a basic assumption that the muscle tissue of the octopus arm is incompressible. From this assumption, it is evident that the arm's volume must be constant at all times. Due to the constant volume constraint, a contraction of a muscle reduces its length in one axis but must increase its length in at least one of the axes perpendicular to the first. Therefore, in the 2-dimensional model, shortening a segment in one direction will force it to elongate in the other. Using this simple physical mechanism, the octopus arm gains almost unconstrained motion and transfers force from one direction to another without needing a rigid skeleton.
Dynamics of the Octopus
Model. The basic model is 2-dimensional, meaning that all the forces in its scope are vectors in an -plane. Thus, the motion of the arm is constrained to a plain as well. The model takes into account four types of forces acting on the arm. The first is internal forces generated by the arm's muscles ( ). The second one is vertical forces caused by the combined influence of gravity and buoyancy ( ). The third one is drag force produced by the arm's motion through the surrounding medium ( ). The fourth is internal forces that maintain the constant volume constraint ( ) [10] .
The motion equations can be written as
where is a diagonal mass matrix and̈is the position vector.
A muscle is simulated by an ideal damped spring which exerts force caused by changes in its spring constant. The adjustments of the spring constant enable the user of the model to control the arm's movement. The arm's weight and the drag forces are calculated using the relevant physical theories. These forces are calculated from algebraic and differential manipulations on the equations of motion and the volume constraint.
There are two types of muscle models: one is the nonlinear muscle model and the other is linear damped spring model [10] . In this paper, every linear muscle in the linear model exerts the following force:
where rest is the rest length of the muscle. This was chosen as the largest length at which both active and passive forces are zero in real muscles. The linear damping coefficient has dimensions of Ns/m. The passive spring constant of the muscle is expressed by 0 and the maximal active spring constant of the muscle by max , both having dimensions of N/m. ( ) is a dimensionless activation function.
Implementation and Parameters of the Octopus Model.
The model enables the user to activate the arm by changing the constants of the muscle simulating springs. Any number of spring constants can be changed simultaneously and a given set of different spring constants changes is dubbed activation. All the activations last a constant time. The simulation recalculates the coordinates and velocities for each simulation time interval and changes the activation for each activation time interval. All the parameters set either the physical environment of the arm or various technical features of the simulation. Table 1 summarizes some of the more influential parameters of the simulation. 
Model of Interaction between the CPG and the Octopus
Arm. The coupled CPG model [21, 22] can be described bẏ
The function (⋅) is a piecewise linear function defined by ( ) = max( , ), which represents a threshold property of the neurons. These variables 1 , 2 , and 3 represent the membrane potential. Self-inhibitory inputs 4 , 5 , and 6 represent adaptation or fatigue property that ubiquitously exists in real neurons. The parameter denotes the tonic input and determines the amplitude of CPG output. Parameters and represent the strength of mutual and self-inhibition, respectively; parameters and are the time constants that determine the reaction times of variables 1 , 2 , and 3 and 4 , 5 , and 6 . In other words, parameters and determine the frequency of CPG output. Three variables 1 , 2 , and 3 represent the output of three CPGs, respectively.
The fundamental values of these CPG parameters are set as = 0. In Figure 2 (a), there is a uniform phase difference among three CPGs and the three phase diagrams have the same shape and they overlap each other. And the output of CPG approximates the overall shape of the electromyograms (EMG) activation measured in an octopus arm during reaching movements [23, 24] . EMG recorded from arm muscles showed that the octopus arm movement is associated with a propagating wave of muscle activation [24] . Therefore, each CPG output can be treated as the activation wave.
Yekutieli et al. [11] showed that the mechanism for bend propagation is a stiffening wave caused by muscle activation pattern. Therefore, it is reasonable that one-cycle outputs of three coupled CPGs treated as activation wave are added to the ventral, dorsal, and transversal sides of the octopus arm, respectively. And the model of interaction between the CPGs and the octopus arm is shown in Figure 3 . In Figure 3 , the left part is the control block diagram of the three coupled CPGs [22] , and the right one is the control block diagram of the octopus arm model by using Laplace transform. Parameters , V , and denote the force generated by the arm muscles of the ventral, dorsal, and transversal sides, respectively.
The octopus arm parameters are set as Figure 4 (a). And a sequence of octopus arm movements is shown in Figure 4 (b). In the sequence of octopus arm motion, the times are selected as 0.01 s, 0.5 s, 0.7 s, 1 s, and 2 s. Because the muscles forces of other segments are similar to the ones of the first segment, the diagram of the first segment is shown only. In Figure 4 (a), the forces generated by the dorsal and ventral sides are symmetrical and the force of the transversal side change little all the simulation time. Moreover, the movements in Figure 4 the octopus movements. This simulation shows the mechanism for octopus movements: a stiffening wave caused by a symmetrical muscle activation pattern propagates along the arm and propels the octopus movements [11] .
Simulation
Now the effects of octopus arm movements are discussed by simulation when the parameters of CPG are changed.
Effects of Octopus Arm Motion with Parameters and
. In this simulation, the value of parameter is varied in the interval (0, 100] in step of 1. The outputs and phase diagrams of three coupled CPGs are obtained and a sequence of octopus arm movements is shown in Figure 5 . When ∈ (0, 4), the shapes of three CPGs' phase diagrams are all the limit cycles and the simulation can mimic the movements of the octopus. The typical diagram is shown in Figure 5 of the three coupled CPGs and they do not overlap. The tip of octopus arm is not as straight as one in Figure 5 (a). The typical diagram is shown in Figure 5(b) . With the increase of the parameter , the phase diagrams of the three CPGs become the limit cycles again. However, the degree of overlap decreases and the difference of the phase diagrams among three coupled CPGs becomes larger when ≥ 53. And the sequence of octopus arm movements is in disorder. The typical diagram is shown in Figure 5(c) .
Here the effects of octopus arm are studied when the parameter is changed and = 1. The value of parameter is varied in the interval (0, 1] in step of 0.1. When ∈ (0, 0.2], the phase diagrams of the three CPGs are all the limit cycles and they overlap completely. The typical diagram is shown in Figure 6(a) . While ≥ 0.3, there exists difference of the phase diagrams among the three coupled CPGs. And the movements of the octopus are changed. The typical diagram is shown in Figure 6(b) . However, the difference of the phase diagrams among the three coupled CPGs becomes larger and the limit cycles are broken when = 1. Then it cannot generate sustaining rhythmic motion.
Effects of Octopus Arm Motion with Parameters and .
The effects of octopus arm are discussed when parameters and are changed, and other parameters are set as = 1 and = 0.1. The values of parameters and are varied in the interval (0, 200] in step of 1. At the beginning, the phase diagrams of the CPGs are not the limit cycles and the movements cannot be continuous. When = = 3, the phase diagrams of the three CPGs are the limit cycles and the shapes are circles. But the three circles do not overlap each other. The movements of the octopus are different from the ones in Figure 6 (a). The typical diagram is shown in Figure 7 (a). When ≥ 4 and ≥ 4, the diagrams are similar to ones in Figure 6 (a). The typical diagram is shown in Figure 7 (b). With the increase of parameters and , the phase diagram of each CPG gradually changes to be a type of the limit cycle whose shape is different from the one in Figure 6 (b) when ≥ 12 and ≥ 12. The typical diagram is shown in Figure 7 (c).
The amplitude of CPG is proportional to the tonic input , and the frequency of the limit cycle oscillation is proportional to 1/ [22] . From the above simulation, the amplitude and frequency should be in an allowable range. The larger amplitude leads the octopus arm to be disorder. The smaller frequency causes the limit cycle to be broken and the octopus movement cannot be sustaining. However, parameters and also affect the shapes of the CPGs' phase diagrams which correspond to different octopus movements.
Discussion and Conclusion
In Figures 5-7 , the octopus arm movements are determined by the shape and overlap degree of the three CPGs' phase diagrams. Different shapes of the phase diagrams correspond to different motion types, as shown in Figures 7(a) The sequence of the three coupled CPGs also affects the octopus arm movements. Taking Figure 5 (a) as an example, when changing the sequence of the three coupled CPGs, the octopus arm movements are shown in Figure 8 . In Figure 8 (a), the third CPG is for ventral side and the first CPG is for transversal one. In Figure 8(b) , the third CPG is for dorsal side and the second CPG is for transversal one. Then the octopus movements are different from the ones in Figure 5 (a).
Sumbre et al. [13] showed that the octopus reduces the complexity of controlling the flexible appendage by using highly stereotypical movements and there appears to be an underlying motor program embedded in the neuromuscular system of the arm. From simulations above, some locomotion modes are suggested to be embedded in the neuromuscular system of the arm. And the octopus arm movements can be achieved by modulating the parameters of the CPGs. And the simulation results enhance and improve the conclusion in [13] . The results are beneficial for researchers to understand the octopus movement further.
The octopus arm can apply force with the sole use of muscles without any rigid skeletal support. The biomechanical attributes of such an arm enable it to perform tasks no skeletal arm can perform. Hence, a robotic implementation of an octopus arm with a real-time learning control mechanism will yield a highly versatile application. And it is the direction of the future works.
